If a semigroup A contains a subsemigroup which is isomorphic onto B, we say that A contains B.
Let it be one of 1, • • • , n, and let it^i» if t^s. G^X • • • XG tw , 1 ^m<n> is called a partial product with length m of GiX • • • XG n .
It is familiar that if G/s are groups, their direct product contains every partial product; but this is not true in the case of groupoids, not even in the case of semigroups. We can show the examples of direct product which contain no partial product. Such a direct product is called a completely exclusive direct product. 
Example for groupoids.
Let G n be a set of n elements and <j> be a cycle of the n elements, i.e., a cyclic permutation. The product of elements of G w is defined by: 3. Example for commutative semigroups. Let S x be the additive semigroup of all positve rational numbers, 5 2 be the multiplicative semigroup of all rational numbers >1. Then we have an example of completely exclusive direct product:
For this purpose we use the properties of power-joined semigroups and naturally totally ordered archimedean commutative semigroups; and furthermore we can generalize the above example.
A semigroup S is said to be power-joined if for any two elements x and y there are natural numbers n and m such that x n = y m . The property of power-joinedness is preserved by subsemigroups and homomorphisms, and we can prove that a power-joined subsemigroup of 5 2 is isomorphic into the additive semigroup of all positive integers.
A naturally totally ordered archimedean commutative semigroup 5 (abbreviated n. 
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Suppose that F is a semigroup which satisfies not only (4), (5) but also (6), (7): (6) Right cancellative :fh = gh implies ƒ = g. (7) For any/, g(~F there are elements k, hÇzF such that kf=hg. Let 5 be a n.t.o.a.c. semigroup.
LEMMA 2. FXSis homomorphic into F* if and only if S is isomorphic into F.
As the dual form of Lemma 2, we can say that F*XS is homomorphic into F if and only if S is isomorphic into F*.
By Lemmas 1, 2 and Theorem 1, we have THEOREM 
FXSXF* is a completely exclusive direct product if and only if S is not isomorphic into F.

Example of FXSXF*.
A concrete example of FXSXF* is given as follows : Consider two sequences of positive rational numbers F denotes the set of all functions ƒ. Then J 7 is a semigroup with respect to the usual multiplication of functions, and F satisfies (4), (5), (6) and (7). Let Si be the same semigroup as defined in §3. Then we can prove that Si is not isomorphic into F. Thus we have an example of a completely exclusive direct product F X Si X F* by Theorem 4.
6. Added remark. After writing this paper, we obtained an example of a completely exclusive direct product of an arbitrary finite number of commutative semigroups. 
